BAI TOAN CUC TRl HINH HOC
TRONG CHUONG TRINH TOAN TRUNG HOC CO SO

1. Bai toan cyc tri hmh hoc

Céc bailoan (BT) vé tim gié tri Ion nhét, nhd nhat
trong hinh hqc goita BT cyc tri hinh hoe (CTHH). pai
v6i BT cue tri, thudng 6 nhiéu con dudng di dén i
gidi, trong do c6 nhung cach giai doc déo, séng tao.
Conhimg BT cye tri gan lodn hoc vdithyc tién,..

BT CTHH thudng ¢6 dang chung lé: trong s8céc
hinh ¢6 cing mdttinh chat, tim hinh mamét dailugng
nao dé (nhu dg daidoan thang s6do goc sddo dién
tich...) dalgla Irj lon nha! hodc gié trj nhd nhat. Cothd
vigt dang 16ng quét cla \mGtBT CTHH nhusau: fim vj
tri cia hinh H Irsn mién D sao cho biéu thic f (chua
gid trindo d6 cuia hinh H) c6 gid trj Ién nhat (nhd nhél),
nghia I3 ta phaichung minh: - Véimoivi tri cda hinh H
1rén mién D thi f< m (f 2 m) vdi m 14 hdng s6: - Xdc
dinhvitri hinh H* (trong céc hinh H) trén mién D sao
chof=m.

2. Mot s6 dang cuia BT CTHH

1) BT tinh toén hodc chiing minh cac két qua
todn hoc. Vidy: a) Cho dudng tron (O, R) va diém P
nam frong duéng trén, OP = h. Tinh d§ dainhd nhat
cba day cung di qua P; b) Ching minh rang trong
céc day cung di qua diém P trong duong tron (O),
déy vudng goc voi OP ¢6 dd dai nhd nhat; c)Chung
minh réng trong Cc4c tam gidc ¢6 cing déy va dién
tich, tam grac can co chu vi nho nhat.

2)BTvellm laplwpd/em Vidy:ChoA,Blahai
diém ¢4 dinh. Biém M di dong sao cho MAB Ia tam
gidc cd ba géc nhon. Trong tam gidc MAB, goi H 14
tryc tam, K la chan dudng vuéng géc ké tir M. Tim
quy tich digm M détich KH x KM dat gié tri [6n nhal

3)BT védung hinh. Vidy:a) Xac dinhvitri cia
day cung di iqua diém P irong mot dudng trén sao
cho day d6 c6 dd dainhd nhat; b) Cho ) dudng lhang
d v hai diém A, B thudc cing mét nifa mét phang
c6bdlad. Tim diém M € d sao cho MA + MB datgid
tri nhé nhat.

3.Motso phuong phap giai toan cuc trj trong
hinh hoc phang

Chiing la thudng gidi BT CTHH theo c4c phuong
phdp sau:
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Phuong phap 1:Vé mathinh ¢6 chifa dai Iuong
hinh hoc can tim cyc I (gla ri 16n nhat, gid trj nho
nhal) thay céc diéu kién cua dai Iuong dobing céc
diéu kign ludng duang {co the phai chon mol dai
qung lam &n s6, dya vao méiquan hé glua an sodo
vGi cdc dai lugng khac trong hinh). Biéu thi an s6
theo cac dai qung da big, sau d6 bign doi luang
duong bigu thue via tim duge déxac dlnh gidtri ca
dailugng cantim. Tl do suy ra vjtri cla hinh dé dat
cuctr.

Vidy 1:Trong céc tam gidc ¢6 chung day va ¢6
clng sddo diéntich, tam gidc nao ¢d chu vinhd nhat?

Huong dén: Xét cac tam gide ¢6 chung day BC =
avacocungdiéntichlaS. Goi AH ladudng cao uong
ung vaiday BC (hinh 1).

R |
Ta ¢o: S =3

AHBC => AH =2

(khong ddi), suyra A —2 A2
di déng trén dudng
!héngdl/BC vacach
BC m{tkhoang bang
B W oc
2 Do 6, cén xéc Hinh 1

dlnh vitriclia diém A trén d dé chu vitam giac AABC
6 gid tri nhd nha.

Chuvitam gidc ABC 1a: AB+BC + CA=AB +AC
+a.Viakhong déinén chu viABC nhdnhatkhiva chi
khiAB + AC nhd nhat.

Goi B'la diém déi xing cla B qua d, B'C catd tai
A XétAAB'C,co: AB'+ AC 2B'C (1). Thay AB'= AB;
AB’ ABvao (1), Suy ra: AB+AC2AB+AC: dau

=" xdyra khiva chikhiB', A, C thing hang, hay A=A",

ViAB=AB'=A'C nén ABC cantaiA' Vay, lrong
cactam giac cochung déy va cung dién tich, tam gidc
can ¢6 chu vinhd nhat.

Nhan xét: Khi gidi BY, ching ta dé thay cac diéu
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kién cta BT béng céc didu kign luong duong va tim
duqc tam gidc can théa man diéu kién cyc tri.

Phuang phap 2:Pua ramét hinh théa méan yeu
cdu clia BT, sau d6 chiing minh moi hinh khdc c6
chia yeu 18 (mé ta phai tim cyc iri) Ién hon hodc bé
hon yéu 15 tuong g trong hinh da dua ra.

Vi dy 2: Ching minh rang trong cc tam gidc
co cung ddy va dién lich, tam gidc can c¢6 chu vi
nhé nhat.

Phan tich BT (hinh 1): Xét tam gidc cén ABC
(hlnh 1) vaméttam gidc khong can ABC cé ddy BC,
cée dinh A, A'chaytrén dudng lhang d/BC.Khidé, ta
cén chung minh: chu vi cla tam gidc ABC I6n hon
chu vicia tam gidc ABC, nghta 1a AB + AC >AB +
A'C (dé trinh bay trong vi du 1).

Phuung Phap 3: Thay viéc um cyc dai cla mot
dailugng ndy bang viéc fim cyc tidu clia motdailuong
khac hodc nguoc lai. N

Vi du 3: Chimg minh rang trong cac lam gidc cé
chung day va cn‘mg dién
tich, tam gidc cén cd ban A
kinh dudng trén néi tiép
1 nhat.

Huong dén (hinh 2):
Goia, b, ¢ la do dai ba

canhcda AABC;rliban y b
Kinh dudng trén néi tiép,
Sladigntich AABC. - .
Taecé‘ B H ¢
) Hinh 2
11
§=Sum +Sue +5 =g T+ ar+obr =%(a+b+c)
.28
= (a+b+c) "

Vi § khéng déi, suy ra rldn nhat < (a + b + ¢ 14
nhd nhat. Theo két qua & vi du 1, 1am giac ¢é chu vi
nhé nhal f4 tam giac can.

NhanxerDechung minh ban kinh duorng t6n noi
tidp ca tam gnac cén 14 I6n nhat, ta dua vé chung
minh chu vi clia tam gidc dé 1 nhd nhat (dleu nay da
dugc ching minh & vidu 1 béng céch bidu thi ban
kinh dugng tron ngitiép tam gidc can qua dién tich va
chu victa tam gidc dé.

Vidy4:Cholam giac ABC vuong taiA. Phia ngodi
fam giac vé hai nua dudng Irén ¢6 ducmg kinh AB,
AC. Mét dudng Ihang d quay quanh A cét hai nia
duung 1ron theo thirlytai M, N (khac A). Xac dinh hai
diém M, N sao cho chu vi 1t gidc BCNM I6n nhat.

Hudng dén (hinh 3): DRBM = x; AM = y; AN = 2;
NG =1,khidd chu vitigidc BMNC I BC + x +y + 2 + L.

Vénhai dailugng a va b bat ki, ta luén cé:

(a-b)*20¢>a?+b?z2ab

o2(a?+b)>(a+b) ()

AAMB vuodng taiM, theo dinh li Pitago, ta c6: x2 +
y2= AB2, Ap dung héthic (*): (x + y)2 S2AB2 X +y

<ABV2;dau"="xdy rakhix=y.
Tuong tu:

2+1<AC V2,
dau =" xdy ra
khiz=t Vdix=
y thi M 1 diém
chinh giifa cda
cung AB, khido B C
AAMB  vubng Hinh 3

can = )
ZMAB=45" => ZCAN=45° (vi M, A, N thang hang).
Vay, N 1a diém chinh gilia clia cung AC hay chu vitlr
gidc BCNM Idn nhat khiM, N ddng thdita diém chinh
gilia cua cdc cung AB, AC.

Nhan xét: Gan xac dinh vitri clia M, N d8 chu vitdr
giac BCNM I6n nhat. Do chu vi ABC khong ddi nén
chu vi ctia tr gidc BCMN chi phy thuge vao haitam
gidc AMB va ANG, tic 1 phy thude véao cac dailugng
x+yvaz+1.Tudd, ta xac dinh duge M, N thda man
didu kién cia BT.

4.Van dung kién thire vao giai cac BT CTHH

Mt s kién thuc thudng ding dé gidi BT cye trj
Irong hinh hoc phéng nhu: - Quan hé gida dudng
vudng goc duong xidn va hinh chleu -Quan hé gita
canhva goc trong tam gidc; bat déng thic trong tam
gi4c; - Bat dang thic trong dudng tron: - Batdang thic
dais8; - Hé thic luang trcngtam gidc.

Vidy5:Qua dinh A cliatam gidc ABC, dung dudng
thang d sao cho
tng khodng céch
W cac dinh Bva C
16id lanhonhal.

Hudng  dan
(hinh 4):Van dung
kign thie vé mai
quan hé gira
dudng vuong goc
va dudng xién,
hinh chiéu,ta coli
gidi sau:

- Tndng hop 1:d cétdoan thang BCtaiD.VéiD
batki trén doan lhang BC,tacé:S

Hinh 4

o0 * Scao = Sppc =
EADBB+ ADLC' = S:BB+CC=2—‘§)A

Tap chi Giao due so 332 |43

(ki 2-4/2014)



Suy ra (BB' + CC') nhd nhét o% nhé nhat &

AD Ign nhat.

Gid srAC 2 AB thitrong hai dudng xién AD, AC,
duungmenADcohlnhchleU nhéhon.Dodé, AD <AC
(héng s6), AD = AC =D =C.Vay,duing lhangdpha:

dung chia canh kn nhél trong haicanh AB, AC.

- Truong hop 2 (hinh 5): d khong cat doan thang
BC.LayE ddixingvéiB qua A, khidod NCE =F.Ha
EE' Ld => BB' = EE', Tuong ty nhu trudng hap 1,

ta co:

(BB'+CC) =

Gid st
AC 2AB ma AF
<AC=>AF=AC
o F=C.

, Vay, duung
lhang d phai
dyng fa dudng
thang chtfacanh
Ién nhattrong hai
canh AB,AC.

K&t luan:

Hinh 5

Trong cé haitnuéng hop déu dyng duge dudng thang
dla duang lhang chua canh I6n nhat trong hai canh

AB,AC cla ABC.
5. Mot s& bai tap luyén tap

1) Cho niia dudng tron duéng kinh AB. Mét digm
M didéng trén n(fa dudng tron; ké MH L AB. Xc dinh

vitri clia M sao cho AH + HM 1a 16n nhat.

2) Cho tam gidc ABC. Tim diém M & trong tam
gidc ABC sao chotng céc khoang cach M dén cac

canh cla AABC dat gid tri nhd nhat.

3) Cho gde nhon xAy va diém A & trong géc d6.
Dung mét dudng lhang d c&t canh Ox taiM va canh

Oy tai N sao cho dién lich AAMN nhd nhat.

4)Gho ABC vubng can faiA va M latung didm
cla BC. Tudinh M vé géc 45°, cac canh clia géc nay
¢t hai canh clia tam gidc & E va F. Hay xéc dinh vi
ri cia E va F sao cho dién tich AMEF dat gi tri

1 nhat.

5)Cho géc nhon xOy, M 13 mal diém ¢ dinh ndm
trong goc d6. A va B theo thir ty 13 hai diém thay ddi
trén Ox va Oy sao cho 20A = 30B. Tim vitricla A va

B 520 cho 15ng 2MA + 3MB nhd nhat.

6) Tim kich thudc cda tam giac c6 dién tich Ion

nhét néi tiép trong dudng tron (O; R) cho trude. 0
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B nho nhal < AF I6n nhat.
AF
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SUMMARY

The problem of finding the largest value, smallest
In geometry called extreme geometry problem. The
article mentions some types of extreme problems in
geometry in secondary school curriculum and meth-
ods of solving the problems.

Nhilng 16i co’ ban hoe vién...
(Tiép theo Irang 41)

va nédm viing nhiing y&u t6 khu biét dé tr d6 ¢6 sy
chit ddng, tu tin trong qua trinh finh hoi v tigp nhan
mét ngdn ngl mai.

Vi riéng hoc vién Lao, biét cach nhan dién va chi
dong trong viée khic phyc nhing loai 16i co ban én
quan dén phyam dau nhuvira néu trén sé giop cho ho
rén luyen Kinang n6i dung viét ding. Qua d6 gép phan
nang chat lugng hoc tap tigng Viétngay mdlcao hon.0
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SUMMARY

As Vietnamese language lcarners, like many in-
ternational students. Lao learners have to face great
deal of barriers, ]t seemns that every Vietnamese syl-
lable is different from those in Lao phonetic systems.
In this article. mafor mistakes commonly made by
Lao students are discussed to ind out the causes
and ways of improvement. These mlstakes are re-
lated to inftial in
This article is written with an expectation that it partly
helps improve effectivencss of teaching and learning
Vietnamese for learners from Laos.
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